The paper reports the results from the tests of recycled mixture samples containing waste materials. Six types of waste materials were used in the mineral mix, in various configurations. Statistical inference was based on the multidimensional analysis through the reduction of input data size. Three groups of recycled mixtures were identified, each representing significantly different properties. The first group included rigid recycled mixtures, the second group comprised flexible mixtures, and those with the lowest cohesion and rigidity were in the third group. The statistical inference demonstrated that the recycled mixtures with waste materials to be most recommended were those with a high bitumen content (>2.5%). A high proportion of reclaimed asphalt pavement material was found to provide high performance of the recycled mixture, whereas recycled aggregate reduced the stiffness of the mix and its resistance to moisture.
Introduction
Over the last 20 years, recycling technology has shown its potential for maintaining and renovating road pavements [1, 2] . Environmental and economic considerations influenced the development of effective cold recycling technology [3, 4] and, in particular, cold in-place recycling with foamed bitumen, which is currently being used for the rehabilitation of expressways and pavement structural layers under variable levels of municipal traffic loads [5] . Cold recycled mixtures with foamed bitumen show better cohesion compared to unbound mixes. Depending on the amounts of foamed bitumen and active filler used, physical and mechanical properties may vary from those of recycled mixtures used in base courses to those of conventional [6, 7] . The literature on the use of waste materials in deep recycling with foamed bitumen is limited. However, in recent times some trials with marginal materials in Europe have been carried out [8, 9] . The attention typically focuses on applications of recycled materials from pavement surface reclamation [10, 11] with authors pointing to the use of high quality virgin aggregate. Mineral-cement-emulsion (MCE) requirements impose the use of large quantities of virgin aggregates, which reduces the advantages of using MCE [12] . Waste materials as an equivalent of virgin aggregate can provide a favorable economic balance. In addition, their use does not adversely affect the properties of recycled mixes. Aside from certain recommendations for MCE mix design [13] and requirements developed based on experimental studies on recycled mixtures with foamed bitumen, namely mineral-cement mixture with foamed bitumen (MCAS) [14] , no comprehensive requirements for recycled mixtures with foamed bitumen and waste materials exist in Poland. It should be taken into consideration that the mechanism of foamed bitumen effect on the structure of the recycled mixture is slightly different from the mechanism observed in the classical cement-emulsion mixture [7] . The literature lacks general information on the influence of a wider range of waste materials or high reclaimed asphalt aggregate (RAP) content. This paper discusses possible application of waste materials at various proportions to the mineral skeleton of recycled mixtures. The primary objective was to identify the nature of their effects on the mix properties. Advanced statistical algorithms were used to perform multidimensional analysis to determine the nature of influence of recycled materials on the mineral-cement mixture with foamed bitumen (MCAS). This grouping analysis has been made on the basis of results relating only to the physical and visco-elastic properties of waste materials of ongoing work of RID research project.
Materials and Testing

Composition of Mineral-Cement Mixtures with Foamed Bitumen
Six types of mineral-cement mixtures with foamed bitumen (MCAS) were used. The design of the recycled mix composition was modified by varying bitumen amount and, above all, quantity and type of waste materials added. The following waste materials were used in the experiment: The principal aim when designing MCAS was to choose additional waste materials with similar granulometric compositions. The basic virgin aggregate (VA) had a continuous gradation curve with a maximum "D" grain size of 31.5 mm and complied with Polish requirements WT-2010 [15] based on EN 13242 [16] . In order to provide the required size aggregate to be used in a Marshall sample, constituents of the recycled waste materials were screened through a #22.4 mm sieve. The mineral mix was designed following the Wirtgen guidelines [7] . The target range defined by the limiting curves [7] allowed adding more dust, thus creating a possibility of considering a variant of recyclable mixture containing basalt and dolomite dust. The grading curves of the materials used are shown in Figure 1 .
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Materials and Testing
Composition of Mineral-Cement Mixtures with Foamed Bitumen
Six types of mineral-cement mixtures with foamed bitumen (MCAS) were used. The design of the recycled mix composition was modified by varying bitumen amount and, above all, quantity and type of waste materials added. The following waste materials were used in the experiment:
basalt rock dust (B),  steel slag (SG),  virgin dolomite aggregate 0/31.5 (VA),  reclaimed asphalt pavement (RAP),  recycled aggregate (RA)-generated from the road base course by milling,  recycled cement concrete (RC).
The principal aim when designing MCAS was to choose additional waste materials with similar granulometric compositions. The basic virgin aggregate (VA) had a continuous gradation curve with a maximum "D" grain size of 31.5 mm and complied with Polish requirements WT-2010 [15] based on EN 13242 [16] . In order to provide the required size aggregate to be used in a Marshall sample, constituents of the recycled waste materials were screened through a #22.4 mm sieve. The mineral mix was designed following the Wirtgen guidelines [7] . The target range defined by the limiting curves [7] allowed adding more dust, thus creating a possibility of considering a variant of recyclable mixture containing basalt and dolomite dust. The grading curves of the materials used are shown in Figure 1 . The experiment was designed to assign the samples of MCAS recycled mixtures to appropriate mix types in a series of tests using a single plot of the grading curve. Consequently, the basic mineral skeleton of the recycled mixture remained the same. Variables were the combinations of waste material proportions or mineral dust quantities. Note that the gradation of the reclaimed cement concrete (RC) and the reclaimed aggregate (RA) components was almost identical, which greatly facilitated interpretation of the test results. It should be added that the marginal material denoted as a mineral dust (derived from dedusting system by extraction of aggregates in the mine) in accordance to Polish standards and regulations was a waste material. The same inactive dusts were used and analyzed in paper [17] .
Mixture types and assumptions in the form of waste material quantities are compiled in Table 1 . Cement content (Table 1 ) was established at the average value from the recommended range [18] . In recycled mixtures, the amount of foamed bitumen was also established at the average level of 2.5%. The mixtures containing mineral dust were an exception. The material derived from recycled pavement (RAP) was tested for quality in compliance with WT-2/2010 [15] .
Tests and Criteria
The mineral-cement mixture with foamed bitumen (MCAS) should have adequate physical and mechanical parameters. The following parameters were used for the evaluation of the MCAS: [25, 26] Cylindrical specimens for testing the dynamic stiffness modulus were prepared using a gyratory compactor in accordance with EN 12697-31 [27] . The dimensions of the specimens had to meet the H(height)/D(diameter) > 1.8 requirement. The parameters of the gyratory press were set based on the review of the literature [28, 29] . The density of the gyratory specimens had to be approximately the same as that of the specimens compacted using the modified method indicated in [11, 12] . The modification involved static loading of the specimen with a force of 80 kN for 180 s. The number of test specimens depended on the provisions of the standards according to which the tests were carried out. Nevertheless, after removing outliers, at least three specimens had to be used.
The number of freezing cycles for determining the resistance to moisture damage (W RW-2M ) was established from the findings that the stiffness modulus reduced noticeably after 2 freezing cycles [16] . This test was performed to supplement the TSR test. The dynamic stiffness modulus (E*) was determined in the DTC-CY test to extend the analysis of classical results over the rheological properties of the recycled mixtures with waste materials, conducted at various temperatures and loading times. A possibility of applying sinusoidal load helped determine the phase angle (δ). The load was applied at frequencies: 0.1 Hz, 0.3 Hz, 1 Hz, 3 Hz, 10 Hz and 20 Hz. Test temperatures used were as follows: −7 • C, 5 • C, 13 • C, 25 • C and 40 • C. To comply with [22, 30] , where the stiffness of the recycled mixtures has to be evaluated in the IT-CY, the stiffness modulus was also determined using the DTC-CY method at a temperature of 5 • C and frequency of 10 Hz. All the requirements set forth in [22] and those concerning ITS [31] are represented in diagrams with respect to the clusters obtained.
Multidimensional Analysis
It is difficult to analyze dynamic data in materials engineering without multidimensional techniques of data exploration which follow advanced mathematical formalism and iterative procedures with large matrices. The statistical multidimensional analysis of the dataset of MCAS and waste materials was performed using the STATISTICA package. In this analysis, 3150 single measurements were grouped based on 35 parameters. Given the large amount of data and the high number of recycled mixtures with various compositions, identification of patterns in the datasets was the priority issue. The presence of certain clusters and general patterns in the dataset under analysis was very helpful if only from the standpoint of developing design recommendations and criteria. Classical regression methods would be infeasible in the evaluation of one arbitrarily adopted variable with respect to other independent variables in the dataset. Failure to account for the relationships between dependent variables {Y 1 , Y 2 , . . . , Y n } and those determined as independent variables {X 1 , X 2 , . . . , X n } would distort evaluation results [32] . The main reason for which classical regression methods could not be used in this study was the collinearity of variables, i.e., redundancy in the model. High correlation among independent variables in the sets disqualified inference based on multiple regression models. Elimination of independent variable collinearity required using the principal components analysis (PCA) [33] . The more detailed information on used algorithm can be find in work [34] . The main task of this data transformation is to reduce the number of variables in the analysis and the proportion of correlation between the variables. The reduced number of new uncorrelated variables is a linear combination of original variables (determined parameters in the experiment) according to (1) :
where:
This procedure allows fulfilling the main assumption of canonical analysis required to discriminate sets with similarity of the set of features, unlike in the classical regression method, where the reference is made to one variable. For example, in the case of two mixtures with the same stiffness modulus, but with significantly different air void contents, stating their similarity in terms of durability would be incorrect. The purpose of the procedure used in this study was to eliminate relations of that kind in determining the suitability of a given waste material. The last element required before carrying out the correct multidimensional analysis on the set of recycled mixture results was to determine the initial number of sets. The tools in taxonomy were used [35] . It was necessary to initially group the set of objects (specimens) in such a way that the objects in the same group were similar to one another, but, to satisfy the separation property, different from the objects in other groups. In this case, a set of complex grouping algorithms was used. Among a number of available cluster algorithms, Ward's method is based on the classical analysis of variance, which is to minimize the sum of squared distances from all points within the cluster [32] . As a result, we get a cluster with minimal data variation, which is important for analyzing the set of results obtained for recycled mixtures with waste materials and foamed bitumen. As a measure of group association, Pearson's 1 − r coefficient (r-the Pearson correlation coefficient) was used. The algorithm of the whole process of inference is presented as a block diagram in Figure 2 .
necessary to initially group the set of objects (specimens) in such a way that the objects in the same group were similar to one another, but, to satisfy the separation property, different from the objects in other groups. In this case, a set of complex grouping algorithms was used. Among a number of available cluster algorithms, Ward's method is based on the classical analysis of variance, which is to minimize the sum of squared distances from all points within the cluster [32] . As a result, we get a cluster with minimal data variation, which is important for analyzing the set of results obtained for recycled mixtures with waste materials and foamed bitumen. As a measure of group association, Pearson's 1 − r coefficient (r-the Pearson correlation coefficient) was used. The algorithm of the whole process of inference is presented as a block diagram in Figure 2 . As a result, a set of information was obtained and generalizations were made to quickly classify the results of the study and to compare the statistical results of the groups with respect to the requirements. Assignment of individual recycled mixtures with different types of waste materials will allow more accurate differentiation between the causes and identification of patterns that formed the homogeneous groups.
Test Results
Principal Components Analysis
The data dimensionality was reduced with the PCA method, which sought to find linear transformational functions that would bind the highest possible number of highly-correlated variables. The outlier results were eliminated first. Outlier values were those that were outside the 1.5 interquartile range [34] . After the elimination step, a correlation table was prepared. Analysis of the correlation table data indicates that features such as Vm, Nw, ρssd and ITS are correlated at the significance level of R 2 > 0.5. Parameters TSR and WRW+M2 are correlated significantly at R 2 > 0.58. The highest collinearity occurs between the set of dynamic modulus E* results and the set of phase angle δ results, regardless of frequency level or test temperature used. The coefficient of determination is several times higher than 0.9. Both E* and δ are also strongly correlated with the recycled mixtures physical properties (Vm, Nw) and with ITS. The strong correlation in the group of rheological parameters, E and δ, makes constructing any classical model using multiple regression impractical. The inverse of the correlation matrix in the model would also be difficult. As a result, the PCA method turned out to be the best solution because it allowed the transformation of the measured parameter values into a new data set in such a way that new variables would be maximally As a result, a set of information was obtained and generalizations were made to quickly classify the results of the study and to compare the statistical results of the groups with respect to the requirements. Assignment of individual recycled mixtures with different types of waste materials will allow more accurate differentiation between the causes and identification of patterns that formed the homogeneous groups.
Test Results
Principal Components Analysis
The data dimensionality was reduced with the PCA method, which sought to find linear transformational functions that would bind the highest possible number of highly-correlated variables. The outlier results were eliminated first. Outlier values were those that were outside the 1.5 interquartile range [34] . After the elimination step, a correlation table was prepared. Analysis of the correlation table data indicates that features such as V m , N w , ρ ssd and ITS are correlated at the significance level of R 2 > 0.5. Parameters TSR and W RW+M2 are correlated significantly at R 2 > 0.58. The highest collinearity occurs between the set of dynamic modulus E* results and the set of phase angle δ results, regardless of frequency level or test temperature used. The coefficient of determination is several times higher than 0.9. Both E* and δ are also strongly correlated with the recycled mixtures physical properties (V m , N w ) and with ITS. The strong correlation in the group of rheological parameters, E and δ, makes constructing any classical model using multiple regression impractical. The inverse of the correlation matrix in the model would also be difficult. As a result, the PCA method turned out to be the best solution because it allowed the transformation of the measured parameter values into a new data set in such a way that new variables would be maximally uncorrelated with each other. Further analyzes were performed on new variables (new principal components).
With PCA the total number of original variables were reduced to 4 new variables. The Kaiser criterion [36] was adopted, according to which the number of factors in the analysis could have factor loadings greater than 1, and the proportion of the variance explained was more than 85%. The results of the analysis are in Table 2 . Finally, the phenomenon of collinearity between variables was eliminated when by the lost in representation quality approximately of 11%. Note that variable 5 did not make any significant contribution to explaining the 2.2% variability in the dataset. Thereby, the number of variables was limited to 4 using the Kaiser criterion. At this stage in the analysis, each new variable was functionally related with the real variables introduced into the dataset. The correlation and eigenvector table (Table 3) shows the nature of the relationship between raw variables and the given new grouping variable.
Using results of eigenvectors together with the mean and the standard deviation statistics in Table 3 every new result out of analysis can be transformed to new collection of uncorrelated variables (Z1-Z4). Note that all the results of the elastic stiffness modulus (E) and the phase angle (δ) showed the highest correlation with the first variable (Z1). This factor, based on Table 2 , explains almost 57% of the variation in the entire dataset. It should be noted that between moduli determined at different temperatures (in viscoelastic range) there were a relationship according to well know TTSP (time temperature superposition principle). The impact of the stiffness modulus and phase angle parameters on the observed data set were expressed by the parameter Z1 which defines the viscoelastic character of the recycled mixes. The presented analysis assumed the possibility of entering missing stiffness modulus data on the basis of the results coming from the leading curve.
Factor Z1 is in fact responsible for the rheological characteristics in the linear viscoelasticity range of the recycled mixtures. It gather a whole impact of stiffness modulus and phase angle at all. Regardless of how many stiffness modulus measurements were made its influence on analysis will be the greatest. The second variable (Z2) is strongly correlated with air void content (V m ) and absorption (N w ), and moderately correlated with indirect tensile strength (ITS) and viscous behavior of specimens at high temperature as shown by (δ) measurement. This variable explains about 21% of the variation in the population. The third variable (Z3) is correlated with the parameters responsible for moisture resistance. The portion of variation it explains is only about 6%, which can probably be attributed to the low sensitivity to the presence of water of the set of MCAS mixtures with waste materials. The last variable (Z4) explains only 4.6% (Table 3 ) of data variation in the dataset, and is correlated mainly with the density of recycled mixtures in conjunction with moisture resistance. The low proportion of variation in (Z4) is probably caused by the presence of "heavy-weight" steel slag aggregate. The new variables providing a global view of the set of effects were used in the process of grouping objects in the dataset of the recycled mix specimens. 
Cluster Analysis
The selection of suitable variables was extremely important in cluster analysis, as was the isolation of the principal components at the earlier stage. The key issue was to choose the variables that best represent the population of recycled MCAS mixes with waste materials. The previous stage of the analysis was aimed at eliminating outlying points and minimizing the collinearity of new variables. The subsequent grouping step was based on the new four factorial variables Z1 to Z4 and indirectly on the real variables which represented the specimens of the mixtures. Ward's method was used as a hierarchical method of agglomeration [37, 38] In practice, there is no arbitrary method that clearly states the number of clusters. The Grabiński [39] and the frequently used Sneath criterion were used in this study [40] . The limit value for the Sneath criterion is shown in Figure 3 .
The selection of suitable variables was extremely important in cluster analysis, as was the isolation of the principal components at the earlier stage. The key issue was to choose the variables that best represent the population of recycled MCAS mixes with waste materials. The previous stage of the analysis was aimed at eliminating outlying points and minimizing the collinearity of new variables. The subsequent grouping step was based on the new four factorial variables Z1 to Z4 and indirectly on the real variables which represented the specimens of the mixtures. Ward's method was used as a hierarchical method of agglomeration [37, 38] In practice, there is no arbitrary method that clearly states the number of clusters. The Grabiński [39] and the frequently used Sneath criterion were used in this study [40] . The limit value for the Sneath criterion is shown in Figure 3 . The vertical axis in Figure 3 shows every second case. The main intention was to present as many cases from the specific group as possible. On the basis of the agglomeration results ( Figure 3 ) and using four variables (Z1 to Z4), three new groups were obtained, different in terms of physical and mechanical parameters. Their differentiation was very clear given the normalized distances between the clusters. The red line in Figure 3 cuts off a set of high internal similarity objects (clusters) but characterized by a great dissimilarity between one another. This information is important because the agglomeration can be the basis for assigning particular MCAS specimens. Finally, three groups were chosen for further analysis. Table 4 shows the types of MCAS recycled mixtures represented by the highest number of specimens in the given group. The vertical axis in Figure 3 shows every second case. The main intention was to present as many cases from the specific group as possible. On the basis of the agglomeration results ( Figure 3 ) and using four variables (Z1 to Z4), three new groups were obtained, different in terms of physical and mechanical parameters. Their differentiation was very clear given the normalized distances between the clusters. The red line in Figure 3 cuts off a set of high internal similarity objects (clusters) but characterized by a great dissimilarity between one another. This information is important because the agglomeration can be the basis for assigning particular MCAS specimens. Finally, three groups were chosen for further analysis. Table 4 shows the types of MCAS recycled mixtures represented by the highest number of specimens in the given group. The mix denotation as RAP20/VA80 indicates the use of 20% RAP and 80% VA in the mix. In the case of mixtures with mineral dust, D.P12.5/A1.2 denotes a blend of 12.5% dolomite mineral dust (D) and 1.2% foamed bitumen. The grouping as described above provides preliminary information on certain factors that separate the properties of the specimens being analyzed. In the present form, the amount of bitumen in the mixtures with mineral dust (D/P/A and B/P/A) was a major factor in assigning them to adequate groups. The amount and type of dust played a secondary role. Other important elements were the amount of recycled aggregate (RA) and the amount of RAP used in the recycling process. The increase in the amounts of RAP and foam bitumen caused the convergence between the grouping results for the recycled mixture specimens with the average results in Group 3. However, the presence of cement in the mix or its increased content due to the addition of recycled cement concrete materials could also influence the grouping effect because Group 1includes a case of mixtures with high amounts of reclaimed concrete (RC) and a case of a low bitumen mixture, which may suggest excessive stiffness of the mixtures.
The next step in multidimensional inference was the statistical estimation of the results within particular groups of MCAS specimens with waste materials. First, the average dynamic stiffness modulus (E) and the phase shift (δ) were evaluated. Due to the high collinearity of rheological results and in compliance with provisions [30, 31] , the results of the stiffness modulus determined at 5 • C and 10 Hz loading time were used for comparative purposes. As for the phase angle, the average value determined at 40 • C was used. This choice was based on the distinctness of this case observed in Table 3 , as reflected in the behavior of the mixtures at high service temperatures. The viscoelasticity results of the recycled MCAS mixes are shown in Figure 4 .
The results in Figure 4a show that the mix specimens in Group 1 had the highest average dynamic moduli (E). The average value of the stiffness modulus determined at 5 • C and 10 Hz was E = 13,787 MPa. This value is almost twice as high as the minimum criterion set forth in [18] . Such a high stiffness modulus and low sensitivity to loading time have also been observed by other researchers [8] . However, their observations do not confirm excessive cracking in pavements due to high stiffness of incorporated MCAS. Group 3 attained comparable dynamic modulus results to those in Group 1. Their equivalence indicates that this parameter (stiffness modulus) cannot be the only criterion when considering suitability of recyclable MCAS mixes with waste materials. The lowest results were obtained in Group 2 composed of mix specimens with dusts and large proportion of recycled aggregates, probably because of inadequate foamed bitumen-dust amount ratio. Group 2 included the specimens with dolomite and basalt dusts made independently in time, which excludes systematic errors in dosing. The average level of stiffness modulus in Group 2 was E* = 6866 MPa. Note that this group contained also the specimens with recycled dolomite aggregate (RA) whose quality could have influenced the grouping process [7] . The phase angle (δ) results complemented the analysis (Figure 4b ). Note that although Group 1 and Group 3 were similar in terms of stiffness, their rheological character at 40 • C was different. In Group 3, the phase angle was almost twice that of Group 1. Probably the viscous effect of Group 3 was due to the presence of specimens containing high amounts of bitumen and RAP material used in the composition of recycled MCAS mixtures. As a result, mixtures in Group 3 were different from Group 1 mixes by having an increased reserve of flexibility also at low temperatures. The effect of hydraulic binders, including binder blends, on the rheological character of the recycled mixtures was observed in [41] Another group of parameters whose levels were diversified with respect to clusters were the characteristics related to climatic factors (TSR and WRW + 2M) and indirect tensile strength (ITS) at 25 °C. The grouping results are illustrated in Figure 5 . The results of moisture resistance for the MCAS recycled mixtures (TSR and WRW+2M) ( Figure 5a ) were convergent with each other and showed the similarity of the overall results in Group 1 and Group 2. In Group 3, the average TSR value was high, TSR > 90%. This demonstrates the increased resistance to moisture-induced damage of the specimens in Group 3. It should be noted that Group 3 comprised the specimens with a large amount of bitumen. As with the ITS (Figure 5b ) and TSR results, the highest levels were recorded in Group 3 . The large group of MCAS results in Group 3 Median; Box: 25%-75%; Whisker: non-outlier Another group of parameters whose levels were diversified with respect to clusters were the characteristics related to climatic factors (TSR and WRW + 2M) and indirect tensile strength (ITS) at 25 • C. The grouping results are illustrated in Figure 5 . Another group of parameters whose levels were diversified with respect to clusters were the characteristics related to climatic factors (TSR and WRW + 2M) and indirect tensile strength (ITS) at 25 °C. The grouping results are illustrated in Figure 5 . The results of moisture resistance for the MCAS recycled mixtures (TSR and WRW+2M) ( Figure 5a ) were convergent with each other and showed the similarity of the overall results in Group 1 and Group 2. In Group 3, the average TSR value was high, TSR > 90%. This demonstrates the increased resistance to moisture-induced damage of the specimens in Group 3. It should be noted that Group 3 comprised the specimens with a large amount of bitumen. As with the ITS (Figure 5b ) and TSR results, the highest levels were recorded in Group 3 . The large group of MCAS results in Group 3 Median; Box: 25%-75%; Whisker: non-outlier The results of moisture resistance for the MCAS recycled mixtures (TSR and W RW+2M ) ( Figure 5a ) were convergent with each other and showed the similarity of the overall results in Group 1 and Group 2. In Group 3, the average TSR value was high, TSR > 90%. This demonstrates the increased resistance to moisture-induced damage of the specimens in Group 3. It should be noted that Group 3 comprised the specimens with a large amount of bitumen. As with the ITS (Figure 5b ) and TSR results, the highest levels were recorded in Group 3 . The large group of MCAS results in Group 3 was within the MCE requirements range. Thus, the recycled mixtures in Group 3 had the highest cohesion and improved moisture resistance. In contrast, Group 2 represented mixtures with an acceptable moisture resistance level but with the lowest average level of the ITS parameter was relative to MCE. Evaluation of the results in Group 2 indicates a likelihood that ITS > 500 kPa and TSR < 50. This may be a sign of low cohesion of some of the mixes in Group 2, as mentioned in [7, 29] . Therefore, the durability of mixes similar to this group is questionable.
Finally, physical parameters, air void content (V m ), absorption (N w ) and density (ρ MCAS ), were considered in the analysis of the recycled mixtures population. The results are shown in Figure 6 . was within the MCE requirements range. Thus, the recycled mixtures in Group 3 had the highest cohesion and improved moisture resistance. In contrast, Group 2 represented mixtures with an acceptable moisture resistance level but with the lowest average level of the ITS parameter was relative to MCE. Evaluation of the results in Group 2 indicates a likelihood that ITS > 500 kPa and TSR < 50. This may be a sign of low cohesion of some of the mixes in Group 2, as mentioned in [7, 29] . Therefore, the durability of mixes similar to this group is questionable. Finally, physical parameters, air void content (Vm), absorption (Nw) and density (ρMCAS), were considered in the analysis of the recycled mixtures population. The results are shown in Figure 6 . Analysis of the results of grouping the specimens of MCAS recycled mixtures indicates that the average value of air void content was the lowest in Group 3, Vm = 8.9%. The low level of this parameter was probably due to the high content of free bitumen in the recycled mixtures. In the other groups (1 and 2), the average air void content was about 11%, with high asymmetry observed in Group 2 in the distribution of air void content population with at least 25% of the results being above 15%. This result correlated with the low ITS performance. The mixtures in Group 2 had the lowest density, which may be a sign of low cohesion in the mix specimens. A certain singularity in achieving high mix density was observed in Group 1. This cluster grouped the mixes with the highest density but with the air void content was comparable with Group 2. This observation can be explained by the presence of recycled mixtures with high density steel slag.
To summarize the discussion so far, we can state that the specimens of recycled mixtures in the first group were characterized by high air void content and low amount of bitumen. The viscoelastic rheological character of mixtures indicates excessively stiff response. Parameter ITS suggests moderate cohesion. The resistance to climatic conditions was at a satisfactory level. The second group, representing low cohesion mixtures containing recycled aggregates (RC) and up to 50% of RAP material in the virgin aggregate, was characterized by low ITS, minimal resistance to climatic factors and low stiffness, indicating potentially low durability. In contrast, the third group represented the mixtures with high moisture resistance, high indirect tensile strength, high stiffness modulus and noticeably more viscous behavior at 5 °C, attained owing to the adequate amount of bitumen and higher amounts of RAP in the mixtures. The mixtures similar to those in Group 3 in the current dataset may be most recommended for use.
Discriminative Function Analysis
The last stage of multidimensional statistical inference was the discriminatory analysis. Its main purpose was to identify the mathematical functions that allow for the best discrimination between Analysis of the results of grouping the specimens of MCAS recycled mixtures indicates that the average value of air void content was the lowest in Group 3, Vm = 8.9%. The low level of this parameter was probably due to the high content of free bitumen in the recycled mixtures. In the other groups (1 and 2), the average air void content was about 11%, with high asymmetry observed in Group 2 in the distribution of air void content population with at least 25% of the results being above 15%. This result correlated with the low ITS performance. The mixtures in Group 2 had the lowest density, which may be a sign of low cohesion in the mix specimens. A certain singularity in achieving high mix density was observed in Group 1. This cluster grouped the mixes with the highest density but with the air void content was comparable with Group 2. This observation can be explained by the presence of recycled mixtures with high density steel slag.
To summarize the discussion so far, we can state that the specimens of recycled mixtures in the first group were characterized by high air void content and low amount of bitumen. The viscoelastic rheological character of mixtures indicates excessively stiff response. Parameter ITS suggests moderate cohesion. The resistance to climatic conditions was at a satisfactory level. The second group, representing low cohesion mixtures containing recycled aggregates (RC) and up to 50% of RAP material in the virgin aggregate, was characterized by low ITS, minimal resistance to climatic factors and low stiffness, indicating potentially low durability. In contrast, the third group represented the mixtures with high moisture resistance, high indirect tensile strength, high stiffness modulus and noticeably more viscous behavior at 5 • C, attained owing to the adequate amount of bitumen and higher amounts of RAP in the mixtures. The mixtures similar to those in Group 3 in the current dataset may be most recommended for use.
The last stage of multidimensional statistical inference was the discriminatory analysis. Its main purpose was to identify the mathematical functions that allow for the best discrimination between the clusters as described in the preceding paragraph. Discriminant functions answer the question which variables are the best predictors of group membership. In addition, the discriminatory analysis was to verify the validity of the adopted groups. In the first place, discriminatory analysis required the canonical analysis to separate the present clusters by mathematical functions [40] 39, starting from the review of variables in the model. The results of the discriminatory analysis are summarized in Table 5 . The discriminant analysis was performed on transformed variables obtained during the search for principal components (PCA). The results shown in Table 5 indicate that the parameters expressed by variable Z2 (the lowest value of partial Willks' Lambda), responsible for the structural properties of the recycled mixture, provided the most overall discrimination (p < 0.05). The second most discrimination was provided by variable Z1 (rheological properties), responsible for MCAS viscoelastic properties. As for variable Z3, its effect on the group discrimination was marginal. Variable Z3 bonds moisture resistance parameters and a portion of the ITS variation. Its statistically insignificant contribution to the discrimination was due to the low diversity of moisture resistance results across the dataset. With the initial knowledge of the contribution of the given variables on the discrimination, it was necessary to determine the canonical coefficients, on the basis of which the discriminant functions (classification functions) were computed. Arbitrarily, two significant functions were used. The predictive validity of the functions was assessed in the χ 2 test and summarized in Table 6 . The results in Table 6 indicate that both discriminant functions were statistically significant (p < 0.05) and thus could be used for further statistical inference. The raw values of the canonical functions required for the final determination of discriminant functions, important for the classification of other cases of recyclable MCAS mixes with waste materials, are shown in Table 7 .
It follows from the results above that the first canonical function (V_1) explained about 74% of the variation whereas the second function (V_2) explained 26% of discrimination. The canonical discriminant function had the form (2):
The discriminant (classification) functions allowed direct classification of each mixture case and its projection to the results space used in the experiment. These functions are a valuable reference material, since other mix results can be projected to this "learned" database and used to evaluate their similarity to their already isolated clusters. The clusters may represent areas of the recycled mix properties proposed for recommendation. The ultimate forms of the discriminant functions are shown in Table 8 . This final stage of analysis enabled the mathematical description of the boundaries required to classify the cases of recycled mixes with waste materials (specimens) in existing clusters. As mentioned above, they can be treated as a "learned" reference model for the behavior of MCAS mixtures with waste materials. Therefore, based on the value of the discriminant function and the coefficients in Table 8 , a new case of a recycled mixture of unknown membership can be classified in a given group. The group membership is established based on the maximum value obtained from the computation of all three classification functions. The grouping procedure adopted in the analysis was 98% effective. In Groups 1 and 3 only one case was probably misclassified-the one at the boundary between the arbitrary boundary determined by the classification function.
The multidimensional analysis summarizes the projection plot of the data with respect to the values of two canonical functions. It allows global assessment of the population partition and rules applicable in the given set of recycled mixtures with waste materials. The canonical data scatter plot with the cases of recycled MCAS is shown in Figure 7 .
The canonical value scatter plot provides an overview of a number of general rules and relationships in a given set of results for the samples of recycled mixtures made with different waste materials. The samples of recycled mixtures that best represent the data sets can be defined as those at the group centroid (mean). In the case of Group 1, these were the mix samples with the addition of basalt mineral dust, regardless of the mineral dust amount, with 1.2% bitumen foam content. The RC80/VA20 mix was also close to the canonical mean in Group 1. This proves that Group 1 was represented by the mixtures whose rheological state could result from the high content of hydraulic binders. Group 3 was represented by mixtures with dolomite aggregate and a large amount of foamed bitumen (3.6%). The RC40/60VA and RAP60/VA40 cases could also be included. This demonstrates that mixtures in this group were predominantly viscous due to higher amount of bitumen binder, which is in contrast to the mixtures in Group 1. Considering the effect of a given variable's influence on a given discriminatory function (Table 6 ), the second canonical variable (V_2) is a major mixture discriminant factor due to its viscoelastic nature. The mixtures that had high V_2 value were characterized by high dynamic stiffness modulus (E) with dominant elastic portion (E'), while those with the lowest V_2 had the lowest dynamic modulus (E). The mixtures with high values of the first canonical variable (V_1) exhibited high density, low ITS, and low but acceptable TSR.
More information can be derived from the results in Table 7 . The key issue in each task is to determine the area in which cases of recycled mixtures with best properties are located. Analysis of data in Tables 3 and 7 should include minimization of the first variable (V_1) and maximization of the second canonical variable (V_2). Figure 7 has this area marked as recommended. All the areas were determined through canonical function plots. An inverse optimization provides examples of recycled mixtures with lower durability relative to the parameters used in the experiment. On the basis of the multidimensional analysis, accounting for the classification functions and factor variables, four areas were defined in the plane determined by the canonical variables. The first recommended area (Figure 7) represents the samples of mixtures with 5-12% dust contents (basalt or dolomite) and 3.6% of foamed bitumen. High similarity to this group was demonstrated by samples designated as 40RC/60VA, which were classified in this group. The second area represents the samples of mixtures with high moisture resistance, moderate stiffness and viscous character at 40 °C due to increased free bitumen content. This area is designated as acceptable. The results of the third area, designated as questionable, should be considered with caution. This area represents the samples of mixtures with very high stiffness, minimum moisture resistance and moderate ITS. However, the most disturbing fact is that due to the elastic-brittle nature, the mixtures in this area may be sensitive to reflective cracking. The fourth group is the case of recycled mixtures with the Group 2 could be represented by the samples with dolomite dust, mixes with 20% RC (20RC/80VA) and, which is most important, by the mixtures with 80% recycled aggregate (80RC/20VA), which suggests that the use of large amounts of recycled aggregate should be investigated further for its suitability. The latter case makes the use of a large recycled aggregate subject to its thorough examination in terms of suitability. Analysis of the parameters assigned to Group 2 shows that the use of recycled aggregates can be an acceptable compromise between the quality and durability of mixtures produced using deep recycling with foamed bitumen.
Group 3 was represented by mixtures with dolomite aggregate and a large amount of foamed bitumen (3.6%). The RC40/60VA and RAP60/VA40 cases could also be included. This demonstrates that mixtures in this group were predominantly viscous due to higher amount of bitumen binder, which is in contrast to the mixtures in Group 1. Considering the effect of a given variable's influence on a given discriminatory function (Table 6 ), the second canonical variable (V_2) is a major mixture discriminant factor due to its viscoelastic nature. The mixtures that had high V_2 value were characterized by high dynamic stiffness modulus (E) with dominant elastic portion (E'), while those with the lowest V_2 had the lowest dynamic modulus (E). The mixtures with high values of the first canonical variable (V_1) exhibited high density, low ITS, and low but acceptable TSR.
More information can be derived from the results in Table 7 . The key issue in each task is to determine the area in which cases of recycled mixtures with best properties are located. Analysis of data in Tables 3 and 7 should include minimization of the first variable (V_1) and maximization of the second canonical variable (V_2). Figure 7 has this area marked as recommended. All the areas were determined through canonical function plots. An inverse optimization provides examples of recycled mixtures with lower durability relative to the parameters used in the experiment. On the basis of the multidimensional analysis, accounting for the classification functions and factor variables, four areas were defined in the plane determined by the canonical variables. The first recommended area ( Figure 7) represents the samples of mixtures with 5-12% dust contents (basalt or dolomite) and 3.6% of foamed bitumen. High similarity to this group was demonstrated by samples designated as 40RC/60VA, which were classified in this group. The second area represents the samples of mixtures with high moisture resistance, moderate stiffness and viscous character at 40 • C due to increased free bitumen content. This area is designated as acceptable. The results of the third area, designated as questionable, should be considered with caution. This area represents the samples of mixtures with very high stiffness, minimum moisture resistance and moderate ITS. However, the most disturbing fact is that due to the elastic-brittle nature, the mixtures in this area may be sensitive to reflective cracking. The fourth group is the case of recycled mixtures with the lowest stiffness and low phase angle, causing reflected cracking at lower stress than in the "questionable" area (third area). In addition, the low ITS level and minimal frost resistance make them less useful. In this area, recycled mixtures with a high content of recycled dolomite aggregate, above 20%, with RAP content of less than 40% and a small amount of RC are predominant. This confirms the hypothesis that the use of recycled aggregate must be preceded by a careful analysis of the quality of such material prior to its application in deep recycling technology. Figure 7 shows the initial projection of MCE requirements in Poland [13, 14] with respect to the V_1 and V_2 coordinates included in Figures 4-6 . It should be noted that after determining the results of classification functions, the obtained MCE solution space is in the center of diagram in Figure 7 . A portion of the MCE results is in the solution space marked as questionable. Nevertheless, on the basis of Figure 7 , the use of MCAS mixes with waste materials allows attaining far better results than those that are compared to the classical MCE mix. The results of the iterative process required to project the requirements for MCE are shown in Table 9 . The limiting point of MCE results projection with respect to the space determined by the mixtures with waste materials were defined by maximizing each discriminant function. The value of each point within the polygon in Figure 7 was decoded with respect to the real parameters for the recycled mixtures ( Table 9 ). Note that the mix with high air void content and low moisture resistance will be assigned, as a similar mixture, to Group 2, i.e., to questionable results from the perspective of the mix durability. For the mix to obtain the results similar to Group 3 (recommended), a larger amount of bitumen emulsion and cement will have to be used to improve its physical and mechanical parameters. The area of the results similar to Group 1 represents the mixtures with high cement content. The same results were observed in [18] .
Conclusions
Having determined the groups, detailed models for each of them (clusters) can be constructed based on, for example, generalized linear models (GLM) and factor variables. The following conclusions were formulated:
• Multidimensional analysis turned out to be an effective tool for analyzing a large data set. Owing to its algorithms, a number of generalizations can be made being the basis for creating future requirements; •
The most important element in the article was the change in the method of analyzing research results. This time, the primary issue was not comparing the averages of certain mixture cases, but searching for certain characteristic groups being a collection of similar mixture results; • Owing to the tools such as the PCA and cluster analysis, it is possible to predict the durability of other mixtures by projecting their results into the trained space described by canonical variables; • Variable transformation by PCA reduced the number of variables that were unrelated, which was the necessary condition for further multidimensional analysis; • Four principal components were chosen in the dataset of samples of recycled mixtures with waste materials. The first component was related to the rheology of the samples. The second component was correlated with physical properties of the mixtures. The variation of the third component was determined through the moisture resistance parameter. The fourth component was strongly related with the density of the mixture; • Grouping analysis using the Ward technique indicated to high probability the existence of three clusters of mix results. This was the basis for developing future recommendations;
•
The first group of the recycled mixtures represented those mixtures whose behavior was elastic-brittle. The level of the stiffness modulus was high at the low level of the phase angle.
The ITS was at the acceptable level relative to the requirements for MCE, as was the level of moisture resistance. This group comprised the mixtures with a high amount of RC (>40%);
The second group represented the mixtures with low stiffness, low phase angle and low ITS. Those mixtures would not ensure the expected lifespan of pavements. The results are correlated with the low but acceptable level of moisture resistance (TSR). This group comprised the mixtures containing a high amount of RA;
The third group represented the mixtures with high stiffness and high flexibility at 5 • C. This result is advantageous from the perspective of low-temperature-induced cracking reduction. As the mixtures contained high amounts of bitumen added with dusts and a high RAP content (>50%), the mixtures will be resistant to moisture damage, as demonstrated in this study; • Discriminant analysis revealed that rheological and structural properties of the recycled mixtures had the highest discriminant power and that moisture resistance parameter was the least helpful; •
The recycled mixtures recommended for use were those with mineral dusts and high amount of bitumen, and those with a high RAP content. The analysis revealed that large amounts of RA material (more than 40%) in MCAS composition should be carefully considered with caution; • Based on the results of the experiment, MCAS mixes with the use of some waste materials in an appropriate amount allow obtaining mixes for road base layer with parameters better than the traditional recycled mixture performed in MCE technology.
